TRUONG THPT QUE SON PE CUONG ON TAP KT CUOI HQC KY 2
TO TOAN-TIN NAM HQC 2025-2026
Mon TOAN 12

I. NGUYEN HAM - TiCH PHAN - UNG DUNG HINH HQC CUA TiCH PHAN

PHAN I. Cau tric nghiém nhiéu phwong 4n lya chon.
Cau 1. Trong cac ham sé sau, ham sé nao 1a mot nguyén ham cia ham s f (x) = 2sinx ?

A. F(x)=2cosx. B. F(x)=—2cosx. C. F(x)=sin’x+C. D. F(x)=cos’x.
Cau 2. Tim nguyén ham ctia ham s6 f (x)=+/2x-1.
A. ff(x)dx:g(Zx—l)\/Zx—l+C. B. [ f(x )dx—3(2x 1)v2x-1+C.

C. If(x)dx:—%\/2x—1+C. f (x)dx 1\/2x 1+C.

D.[f
Cau 3. Biét F(x) la mot nguyén ham cia ham sé f (x ):i1 F(2)=1.Tinh F(3)
F(3

)= ; D. F(3)=".

Cau 4. Tim gia tri cia m dé ham sé F(x)=m’x’+(3m+2)x* —4x+3 [a mot nguyén ham caa ham sb
f (x)=3x*+10x—4.

A. F(3)=In2-1. B. F(3)=In2+1.

A m=2. B. m=1. C. m=-1 D. m=+1.
Cau 5. Nguyén ham cua ham s6 f (x):ﬁ.
A F(x):%+c. B. F(x):—%+c. c. F(x):§+c. D. F(x)=—§+c.
Cau 6. Cho hamsé f (x) lién tuc trén R va j X)dx =-3 vaj x)dx =4 . Khi d6 j f (x)dx bang
A 12. B.7. C. 1L D.-12
Cau 7. Biét rang J. x)dx = —4. Gia trj cia J. [3x—2f (x)]dx bang
A -2. B. 12. C.14. D.22.

Cau 8. Cho hamsé f (x),g(x) 1a cac ham s6 lién tuc trén doan [a;b]. Ménh dé nao dudi day SAL:
X }dx:j:f (x)dx+_[:g(x)dx

A
j X)dx = j dx-jbg(x)dx
I,
D. [11(

x)dx=.[:1 dx+_[ x)dx véi ce(a;b).

dx_—I

N . . Xx+2 khi—-3<x<-1
Cau 9. Chohamso f(x)=

C e 3 3
2 chi x> 1 . Khi do, j_sf (x)dx bang

N B. 2. c. 2 p. 2.
3 3 3 3
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Cau 10. Dién tich hinh phang gach chéo trong hinh v& bén dugc tinh theo cong thirc nao sau day?

A s=[(2x" ~2x-4)dx. B. 5= (-2x+2)dx

2 2 2
C.S=| (-2x"+2x+4)dx. D. S = (2x-2)dx.
Cau 11. Thé tich vat thé tron xoay do hinh phang gigi han béi d6 thi y = f (), truc Ox va cac dudng
thang x =a, x=h, (a <b) quay quanh truc Ox duoc tinh theo cong thuc:
A.V:I:fz(x)dx. B.V:ﬂIZfz(x)dx. C.V:ﬂI:f(x)‘dx. D.V:J.:f(x)‘dx.
Cau 12. Thé tich vat thé tron xoay sinh boi hinh phang gigi han boi cac duong y = x?, y = 2x khi quay
quanh truc Ox duoc tinh theo cong thirc nao dudi day ?

: 4) ,
‘_\:‘\‘ "\=2\
S - 2. [
/i
X
=) o 3
2 4 2 2 2 2002 4 200 2 4
A. njo(x —4x )dx. B. IO(ZX—X )dx. C. IO(4X —X )dx. D. nj0(4x —X )dx.
PHAN I1. Cau tric nghiém diing sai. Trong mdi y a), b), ¢), d) & mdi cau, thi sinh chen ding hoic sai

2
Cau 13. Cho ham s5.  (x) e dinh trén T {0} thoa man f (x) ==L,
7 X

a) f(x):x+5x—;. b) If(x)dx:?+5x—7ln|x|+c.
c) Goi F(x) 1a mot nguyén ham cua ham sé f (x) vathoaman F(1)=5. Khi d6 tim duoc

2
F(x):x—+5x—7ln|x|+1.

2 2
d) Goi G(x) Ia mot nguyén ham cua ham sé f (x). Biét G(1)=4 va G(3)+G(-9)=20. Khi d6 tim
dugc G(—6)=aln2+blIn3+c, véi a,b,c 1a cic sé hitu ti. Vay a+b+c:§.

Cau 14. Cho F(x);G(x) lan luot 1a mot nguyén ham cia ham sé f (x)=xv/x +8;g(x)=5"—¢*
a) [(f(x)-g(x))dx=F(x)-G(x)+C.
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b) Jg(x)dx=5"In5—€* +C,.

5 2 i 1 , 67 5
F(x)==x2 . d) Biét =5 -~ 1.7 - -
c) F(x) 2x +8x+C,. d) Bict F(0)=5;G(0) g 1.Tacé F(1)-G(1) c In5+e

Cau 15. Cho dd thi nhu hinh vé&
g y=4-xr y= V2r
0 2 N 7

a) Hoanh d6 giao diém cta dd thi ham sé y =+/2x va y=4—x la x=2.
b) Dién tich hinh phing gisi han bai dd thi ham sé y = +/2x, truc hoanh va hai duong thing x=0,x=2 la
S, = j (2)2xdx.
¢) Dién tich hinh phang giéi han boi db thi ham s y =4—x, truc hoanh va hai duong thang x=2,x=4 la
2
S, = Io(x—4)dx :
d) Dién tich hinh phing S gi6i han béi cac dd thi ham sé y =~/2x,y =4—x va truc hoanh Ox (nhu hinh
V&) duoc tinh bsi cong thic S = J'z\/ﬁ dx+jz4—x dx.,
Cau 16. Sau khi xuat phat, 6 t di chuyen véi toc do v(t)=2,01t—0,025t* (0 <t <10). Trong d6 v(t) tinh
theo m/s, thoi gian t tinh theo s véi t =0 la thoi diém xe xuét phat.
a)Quang dudng xe di chuyén dugc tinh theo cong thirc 1a s(t)=2,01-0,05t(0 <t <10)
b)Quing dudng xe di chuyén dugc trong 3 s 1a 8,82 m.
¢)Quing dudng xe di chuyén duoc trong gidy tha 9 xap xi 15,277 m.
d)Trong khoang thoi gian khong qué 10 s dau, khi van tdc dat gid tri Ién nhat thi gia toc caa xe 1a 1,51
(mrs?).
. 3x* =2x+m khix>1 . . . s
Cau 17. Cho ham s6 f (x)= i _ ( m latham s6 thyc) lién tuc trén R . Biét rang
1-4x khi x <1
f (x) c6 nguyén ham trén R 1a F(x) théaman F(-2)=-6.

32 .
a) m=—4. b) F ()= X X2 Ax+7 kh!x21.

X—2X"+4 khi x <1
) [ f()ax=108. ) [7f(Inx) k=3

Cau 18. Goi V la thé tich khdi tron xoay tao thanh khi quay hinh phang giGi han béi cac duong
y=+/X,y=0 va x=4 quanh truc Ox .




a) Dién tich hinh phangtao thanh khi duoc gioi han boi cac duong y=+/x,y=0 va x=4 13 S = %

b) Thé tich khdi tron xoay tao thanh khi quay hinh phang gi¢i han boi cac duong y=+/x,y =0 va x=4
quanh truc Ox c6 cong thuc 1a V = J'z(\/;)zdx .

c) Thé tich khdi tron xoay tao thanh khi quay hinh phing gi¢i han béi cac duong y =+/x,y =0 va x=4
quanh truc Ox la 87 .

d) Puong thing x=a(0<a<4) cit dd thi ham sb y =+/x tai M (hinh v&). Goi V, 14 thé tich khéi tron
xoay tao thanh khi quay tam giac OMH quanh truc Ox .Vé6i V =2V, taco giatri a=3.

Cau 19. Cho ham sé f (x)= 21 7
X —
1/ 1 1 4 1
a) f(x)==| ——"—1|-b|| f(x)dx>=
)()4(x+2x2Jjj3() 2
c)j :—InE Véi z la phan s6 téi gian va a,be N.Taco: ab=15.

d)j{ ))} —1|n5+7

PHAN I11. Cau trac nghiém tra 1&i ngan.

Cau 20. Mot xe md t6 phan khéi I6n sau khi cho hét dén do da bat dau phong nhanh vai van tdc ting lién
tuc duoc biéu thi bang d6 thi 1a dudng Parabol nhu hinh v&. Biét rang sau 15s thi xe dat dén van tc cao
nhat 60 m/s va bat dau giam téc. Hoi tir 1dc bat dau dén lac dat van téc cao nhat thi xe da di dugc quéng

duong bao nhiéu mét?
”-vmy

[YT] S—

v
2

Cau 21. Bé trang tri mot bang gd hinh chit nhat c6 chiéu dai 9 dm va chiéu rong 5 dm , nguoi ta thiét ké
mot logo hinh con cé. Logo la hinh phang gigi han bai hai parabol véi cac kich thuée dugc cho trong hinh
v& dudi day (don vi trén mdi truc toa do la decimét), sau d6 logo dugce son mau xanh véi chi phi 20000
d6ng /dm?; phan con lai son mau tring véi chi phi 10000 dong /dm?.

y

y = fx)
2dm
(-]
0

3dm

y = ylx)

1dm idm $dm

S6 tién can dung dé trang tri bang gd trén 1a bao nhiéu nghin dong? (Lam tron két qua dén hang nghin
ddng)
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I I.PHUUNG PHAP TOA PO TRONG KHONG GIAN
PHAN I. Cau tric nghiém nhiéu phwong 4n lya chon.
Cau 1. Trong khdng gian Oxyz, cho ba diém A(3;0;0),B(0;1;0),C(0;0;-2). Mt phang (ABC) c6
phuong trinh la

A YL Z g B. X4 Y21 c. XY 2 D. 24 Y 2

3 1 2 3 1 2 -3 1 2 3 -1 2

Cau 2. Trong khong gian voi hé toa do Oxyz , phuong trinh nao dudi day 1a phuong trinh mat phang di qua
diém A(l; 2, —3) va ¢ vecto phap tuyén fi = (1; -2, 3) ?

A x-2y+3z+12=0. B. x-2y-3z-6=0 C. x-2y-3z+6=0. D. x—2y+3z-12=0

Céu 3. Trong khong gian Oxyz ., cho dudng thing (d): X;3 _ % _2Z ;1. Mot vecto chi phuong cua (d) 1a
A. U=(37;6). B. U=(30;-1). C.u=(-301) D. U=(2,7;-6).

Cau 4. Trong khdng gian Oxyz , phuong trinh tham s6 ctia duong thang di qua diem A(L-2;3) va co mot
vecto chi phuong U =(0;-1;2) Ia

x=1 x=1 X=1+t X=t
A Jy=-2-t.. B.{y=-2+t. C.jiy=-2-t. D.iy=-2-t.
z2=3+2t 2=3+2t z=3+2t z=3+2t
Cau 5. Trong khdng gian Oxyz, goi M (a;b;c) 14 giao diém cua duong thang d :XT_lzy—T:% va mat
phang (a):x+2y—-z-2=0.Giatri cia a—2b+c bang
A. 38. B.8. C.-14. D.-13.
X=1+1
Cau 6. Trong kg Oxyz, cho mit cau (S): x> +y® + 2> —2x—4y -6z =0 va duong thang d :qy =2-2t.
z=0
Biét rang duong thang d cit mat cau (S) tai hai diém A va B. D¢ dai cua doan thing AB béng
A. 245. B. /5. C. 3. D. 24/3.

Cau 7. Trong khong gian Oxyz , phuong trinh mat cau ¢6 tdm thudc truc Ox va di qua hai diém
A(3;1,0),B(5;5,0) la

A. X* +(y—=5)*+2*=25. B. (x—10)* + y* +z* =50.

C. (x=10)2+y2+22 =52 D. (x—4)?+(y—3)?+2% =5.
Céau 8. Trong khong gian Oxyz , cho duong thang d :XT_:L = % 22;22. Phuong trinh cua mat phang di qua
M (2;1;0) va chira duong thang d la

A. 4x—-6y—-z+2=0. B. 4x-6y—-z-2=0. C. x-2y=0. D. 2x+y+2z-5=0.
Cau 9. Trong kg Oxyz , hdy tinh sb do goc « giira dt d :%:%:Z—_ll vamp (P):x—2y+2z+1=0,

A. a=30". B. a=60". C. a=150". D. =120

Céau 10. Trong khdng gian Oxyz, goi « la goc gitra hai mat phing (P):x+2y-z+2=0 va(Q):
2X—y—2+4=0.
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A COSO{:E. B. COSa=1. C. COSO{=E. D. cos(z:§.
3 3 6 4
Cau 11. Trong khong gian Oxyz, goi « la gdc giita hai mat phang (Oxz) va (P):x—y+1=0. Tinh «.
A a=45. B. a=60". C.a=90". D. a=135".
Cau 12. Trong khdng gian Oxyz , cho ba duong thang d, :XTJrl = % = %
d, :g = % =%;d3 ; XT_l = yT—Z = % Phuong trinh ctia dudng thang song song véi d, va cét ca hai duong
thang d, va d, la
x-1_ y-2 2 X_y_z c X_y_z-2 Xx_y_z+2
2 1 3 2 1 3 21 3 2 1 3

PHAN Il. Cau tric nghi¢m diing sai. Trong mdi y a), b), ), d) & méi cau, thi sinh chon diing hoic sai
Cau 13. Trong khong gian Oxyz, cho hai diem A(3;2;0),B(1;3;-2) va mit phiang (P) c6 phuong trinh
2X+2y+3z2-6=0.

a) fi =(—2;-2;-3) la mot vécto phap tuyen ciia mat phang (P).

b) Biém A khong thuoc mat phang (P).

c) Mat phang (Q) di qua diém A va song song véi mat phang (P) c6 phuong trinh 2x+2y+3z-12=0.
d) Mt phang (R) chtra diém B, cat c4c tia Ox,0y,Oz lan luot tai M, N, P sao cho OP = 20N =40M
thi thé tich cua khdi tix dién OMNP bang 64 .

Cau 14. Trong khdng gian véi h¢ truc toa do Oxyz , cho hai diém A(-2;11),B(5;2;3).

a) Hai diém A, B ndm cling phia véi mat phang (Oxz).

b) Hinh chiéu vudng géc cta diém A trén mat phang ( Oxz ) 1a H (0;1,0).

¢) Biém A'(2;1;-1) ddi xang véi diém A qua mat phang (Oxz).

26

d) M 1a diém thuoc mit phang (Oxz) sao cho MA+MB ngin nhat. Khi d6 d6 dai OM bing =
CAu 15. Trong khong gian Oxyz (don vi trén mdi truc la mét), mot ngon hai diang (xem hinh v&) duoc dat
& vi tri 1(25;30;50). Mat cau (S) md ta ranh gi¢i ctia ving phu sang trén bién ciia hai dang, biét ring
ngon hai ding d6 duoc thiét ké véi ban kinh phu sang R=5km.

a) Mit cau (S) c6 phuong trinh 1a (x—25)* +(y—30)* +(z —50)* = 25.

b) Biém A(1025;30;50) nam trong mat cau (S).

¢) Mot ngudi di bien & vi tri M (45;60;50) thi c6 thé duoc chiéu sang bsi anh sang cua ngon hai dang.
d) Mot nguoi di bién ¢ vi tri N (5;25;0) thi khdng thé dwoc chiéu sang béi anh sang ctia ngon hai ding.
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Cau 16. Trong khong gian Oxyz , mot vién dan dugc ban ra tir vi tri A(L2;3) huéng dén vi tri B(0;1-6),
bia chan la mat phang (P):4x—y+2z+13=0, don vi la kilomet.

a) Diém B thuoc mat phing (P).

b) Gia st vién dan chuyén dong thang déu theo hudng vecto V = (-2;-2;-18) véi van toc 800 m/s (bd
qua moi luc can va chudng ngai vat), sau mot phuat vién dan bin ra di qua diém B.

c) Goc giita dudng thang AB va mit phang (P) (lam tron dén hang don vi) 12 60° .

d) Hinh chiéu vuéng goc cua A trén ( Oxy ) 1a H (0;2;3).

PHAN I11. Cau trac nghiém tra loi ngan.

Cau 17. Trong khong gian véi hé toa dd Oxyz , cho diém hai A(1;6;-7),B(3;2;1). Mt phang trung truc
cta doan thang AB c6 phuong trinh 13 ax+by+cz+18=0. Tinh a—4b+3c.

Cau 18. Tram kiém soat khong luu dang theo ddi hai may bay. Gia st trong khong gian vai hé truc toa do
Oxyz , don vi do lay theo kildmét, tai cung mot thoi diém theo ddi ban dau: may bay thar nhat & toa do

A(0;35;10), bay theo huéng vecto V, =(3;4;0) véi toc dd khong doi 900( km/h) va may bay tht hai &
toa do B(31;10;11) , bay theo hudng vecto \72 = (5;12; O) Véi tc d6 khong doi 910( km/ h) . Biét rang
khoang cach an toan téi thiéu giira hai may bay 1a 5 hai ly (khoang 9,3 km ). Néu hai may bay tiép tuc duy
tri huéng va toc do bay nhu trén thi sau it nhat bao nhiéu pht (ké tir thoi diém theo ddi ban dau), hai may

bay bi pham khoang céch an toan (két qua 1am tron dén hang phan trim)? o
Cau 19. Trong khong gian vai hé truc toa do Oxyz , tai mot pham vi hep, ( Oxy ) la mat phang nam ngang.

Mot duong éng nudc thing di qua hai diém A(L12) va B(L2;1). Héi dwong dng noi trén nghiéng bao
nhiéu do (so voi mit phang ngang)?
X=3+2t

Cau 20. Trong khdng gian véi hé truc toa d6 Oxyz , cho hai duong thang A : {y=-2+t va

z=1+3t
X+2 y-3 z-1

3 2 -2
8x+by+cz+d=0.Tinh b+c+d.
Cau 21. Trong khong gian véi hé truc toa do Oxyz , biét mat phang (P):ax+by+cz-1=0 véi b<0 di
qua hai diém A(0;0;1),B(10;0) va tao véi mat phang (Oxz) mot goc 45°. Tinh a+b+2c.
TU LUAN

Cau 1. Tim: a)J'(x2 —5*—sinx—Inx)dx. b) I(ZX—i)de.
2X

A" . Mat phang (P) chira A va song song véi duong thang A’ c6 phuong trinh 1a

Cau 2. Chohamsé y = f (x) liéntuc trén R va c6 dd thi nhu hinh v& bén dudi:

u‘

() .
S, ‘\ .

Biét rang cac dién tich S,, S, thoaman S, =2,S, =3. Tinh 'f;f (x)dx.
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Cau 3. Cho d6 thi nhu hinh vé&

Yk . ol

N Ensansmesn

(@)

a) Tinh dién tich hinh phing gisi han bai dd thi ham sé y =+/2x, truc hoanh va hai duong thing
x=0,x=2.

b) Tinh dién tich hinh phang gidi han boi d6 thi ham s6 y =4 —x, truc hoanh va hai duong thang
X=2,Xx=4.

c) Tinh dién tich hinh phing S gi¢i han boi cac do thi ham sé y =+/2x,y = 4—x va truc hoanh Ox (nhu
hinh v&) .

[HEN

X —

Cau 4. Cho hai duong thing d, =y—+21= g x=3_y-1_z

z,
1'% 1 3

;5 Tinh s6 do goc gitra hai dudng

N ‘

thang da cho.
Cau 5. Trong khong gian voi hé toa dd Oxyz , viét phuong trinh ctia duong thang di qua hai diém
M (0;-10) va N(3;4;5).

Cau 6. Trong khdng gian véi hé toa do Oxyz , Viét phuong trinh cia duong thang di qua diém N (3;4;5)
va vubng goc véi mat phang co phuong trinh 2x+2y+3z-12=0.

Cau 7. Trong khong gian Oxyz , Viét phuong trinh mat cau duong kinh AB véi A(L; 2;3), B(3;0;5).

Cau 8. Mot thung dung Bia hoi (co dang nhu hinh v&) ¢6 dudng kinh day 14 30 cm , duong kinh 16n nhat

cua than thung la 40 cm, chiéu cao thung 1a 60 cm , canh bén hdng cta thung cd hinh dang cua mot
parabol. Tinh thé tich cua thung Bia hoi. ( 1am tron dén hang phan chuc).




